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[1] This contribution reviews recent findings that illuminate the processes governing
colloid retention in porous media under environmentally relevant conditions. In the
environment, colloids act as conveyors of contaminants, or even as contaminants
themselves; however, despite decades of research, we are unable to accurately predict the
retention of colloids in granular aquifer media under environmental conditions, where
repulsion exists between colloids and surfaces. This failure cannot be blamed solely on the
complexities of the subsurface, since colloid filtration theory (CFT) works well in the
absence of colloid-collector repulsion despite its idealization of porous media as consisting
of spherical grains completely surrounded by fluid envelopes. Rather, the failure of CFT
stems from failure to incorporate the correct mechanisms of retention when repulsion
exists. Recent observations implicate wedging in grain-to-grain contacts and retention in
secondary energy minima as dominant mechanisms of colloid retention in the presence of
an energy barrier. Mechanistic simulations in unit cells containing grain-to-grain contacts
corroborate these mechanisms of colloid retention. The resulting concept for colloid
retention in the presence of an energy barrier involves translation of colloids across the
collector surfaces until they become wedged within grain-to-grain contacts, or are retained
via secondary energy minima (without attachment) in zones where the balance of fluid
drag, diffusion, gravitational, and colloid-collector interaction forces allow retention. The
above findings highlight the pore domain geometry as a dominant governor of colloid
retention in so far as the geometry gives rise to grain-to-grain contacts and zones of
relatively low fluid drag.
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1. Introduction

1.1. Similarities of Transport Among Biological and
Nonbiological Colloids

[2] The long-term mobility of contaminants in the sub-
surface is entwined with the transport of colloidal phases
[e.g., Kersting et al., 1999; Novikov et al., 2006], to which
they are bound through sorption, complexation, and precip-
itation processes. Colloids themselves may act as contam-
inants in the form of pathogens [Tufenkji et al., 2002; Jiang,
2006; Abulreesh et al., 2006; Muniesa et al., 2006] and
potentially toxic novel nano-materials [Dhawan et al., 2006;
Templeton et al., 2006; Lyon et al., 2006]. Although colloid
transport in the subsurface is an important challenge to the
protection of water resources, existing readily implemented
colloid transport models do not capture the fundamental
processes governing colloid transport in the environment,

where repulsion exists between colloids and porous media
grain surfaces. In this paper, the term colloid is used to refer
to ‘‘particles’’ in the size range between 10 nm and 10 mm
regardless of origin (biological or non-biological). Biolog-
ical colloids (e.g., viruses, bacteria, and protozoa) and non-
biological colloids (e.g., microspheres and mineral colloids)
differ in terms of potential physiological influences on the
transport of biological colloids in porous media. Despite
these important differences between biological and abiotic
colloids, their transport behaviors in environmental porous
media share important similarities; the most fundamental
among them being that they undergo deposition in porous
media even when existing theory suggests otherwise; that is,
retention occurs despite the presence of a formidable energy
barrier that should prevent direct attachment to the surface.
Additional important similarities are apparent in the dynam-
ics of their deposition and reentrainment, as reflected in
their distribution in porous media with distance from a
source, and the influences of fluid velocity on their depo-
sition and reentrainment rate coefficients, as reviewed
recently by Johnson et al. [2007a].

1.2. Classic Filtration Theory

[3] The challenge in simulating the subsurface transport
of constituents is to develop an accurate representation of
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mass transfer, for example, by use of rate coefficients in the
advection-dispersion-deposition-reentrainment equation,

@C

@t
q ¼ �v

@C

@x
qþ D

@2C

@x2
q� kf Cqþ krCsrb ; ð1Þ

where C is the aqueous concentration of the constituent, and
Cs is the reversibly retained stationary phase concentration
of the constituent; v is the pore fluid velocity; D is the
dispersion coefficient of the constituent under the conditions
considered; kf and kr are the forward (removal from the
aqueous phase) and reverse (addition to the aqueous phase)
rate coefficients, respectively; q is the volumetric water
content and rb is the bulk density of the stationary phase.
[4] Relating D mechanistically to the observed properties

of the porous media is a major challenge taken up in the
subfield of stochastic hydrology. The difficulty in mecha-
nistic determination of kf and kr varies with the process
considered. For radioactive decay, these rate coefficients are
not dependent on porous media properties or solution
chemistry; hence values can be adapted from the literature
for a wide range of contexts. In the case of colloid
deposition, the porous media, solution, and colloid proper-
ties each influence the process, yielding complex mecha-
nistic relationships of kf and kr to attributes of the system.
[5] Complex transport behaviors in groundwater are often

attributed to heterogeneous physical properties of the sub-
surface, which motivates the characterization of increasingly
realistic pore domains [e.g., Y. Li et al., 2005; Yang et al.,
2006]. However, the benefit of increased realism must be
balanced against the cost of decreased simplicity.
Approaches that incorporate rigorous mechanisms of mass
transfer within representative (nonrealistic) pore domains
are valuable if they are effective for a range of porous
media. Such an approach that is widely used despite its
well-noted limitations [Elimelech and O’Melia, 1990;
Nelson and Ginn, 2005] is colloid filtration theory (CFT)
[Yao et al., 1971; Rajagopalan and Tien, 1976; Tufenkji and
Elimelech, 2004a; Nelson and Ginn, 2005], which utilizes

the results of numerical simulations of pore-scale processes
to develop phenomenological functions to scale up to the
continuum. The approach of CFT is sometimes misunder-
stood, as exemplified by a recent review article [Rockhold et
al., 2004] wherein existing filtration theory was referred to
as ‘‘essentially an empirical correlation function that con-
tains a number of dimensionless terms. . .’’. CFT is based on
mechanistic simulation of colloid transport; wherein the
mechanistic results are encompassed by a phenomenologi-
cal expression to allow prediction of colloid transport
without developing the complex numerical simulation.
[6] CFT is based upon the Happel sphere-in-cell model

[Happel, 1958], which is represented by an isolated solid
sphere immersed in a concentric fluid shell (Figure 1),
where the thickness of the fluid shell is chosen such that
its porosity is equal to the actual porosity of a packed bed.
The flow field in this unit cell is solved under the conditions
that ‘‘no slip’’ occurs on the solid-fluid interface, and that
the undisturbed (uniform) flow field is reestablished at the
outer boundary of the fluid envelope [Happel, 1958].
Colloid trajectory models were developed within the flow
field of the Happel sphere-in-cell model to examine the
probability of colloid interception with the collector surface
based on a mechanistic force balance [Rajagopalan and
Tien, 1976; Rajagopalan et al., 1982]. The forces examined
were fluid drag with hydrodynamic retardation near the
collector surface, gravity, and colloid-surface van der Waals
and electrostatic interactions. Diffusion was recently added
into the force balance by Tufenkji and Elimelech [2004a]
and Nelson and Ginn [2005]. The numbers of colloids that
intercept the surface relative to those released into the unit
cell constitute the collector efficiency (h), which is easily
transformed to a deposition rate coefficient according to
[Logan et al., 1995; Nelson and Ginn, 2005]

kf ¼
3 1� qð Þ

1=3

2dc
vh; ð2Þ

where dc is the collector diameter, and h is defined as by
Nelson and Ginn [2005]. The values of h from mechanistic
particle trajectory simulations (in the absence of electro-
static repulsion) have been regressed to dimensionless
parameters to provide phenomenological expressions for
estimation of h under the spectrum of conditions expected in
the environment [Rajagopalan and Tien, 1976; Tufenkji and
Elimelech, 2004a]. These expressions are described in detail
in the associated references, and so are not reproduced here.
[7] By assuming steady state transport, negligible diffu-

sion relative to deposition, and negligible detachment, the
following equation can be derived, which predicts a log
linear decrease in the concentration of suspended (and
retained) colloids as a function of distance (x) from the
source.

Ln
C

C0

¼ � kf

v
x; ð3Þ

where C0 is the concentration at the source.

1.3. Interaction Forces

[8] The correlation equations for h [Rajagopalan and
Tien, 1976; Tufenkji and Elimelech, 2004a] are quite accu-

Figure 1. Schematic of Happel sphere-in-cell unit collec-
tor. The hatched circle represents the fluid shell completely
surrounding the collector. Streamlines denote fluid flow,
whereas the schematic shows that colloid trajectories are
influenced by sedimentation and diffusion, in addition to
fluid drag.
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rate in granular aquifer media when no electric double layer
repulsion exists between the colloid and collector surfaces
(energy barrier is absent). The energy barrier is absent when
the surfaces are oppositely charged, or when the ionic
strength is sufficiently high to compress the electric double
layer repulsion to short separation distances [Derjaguin and
Landau, 1941; Verwey and Overbeek, 1948]. The profile of
net interaction energy (DGtotal) is strongly negative (attrac-
tive) at colloid-surface separation distances less than a few
nm (the so-called primary energy minimum) owing to the
dominance of van der Waals attraction (Figure 2). At
intermediate separation distances, ranging from a few to
tens of nm, DGtotal may be strongly positive (repulsive) for
like-charged surfaces, yielding an energy barrier to deposi-
tion with magnitude inversely proportional to solution ionic
strength. At even greater separation distances, weak van der
Waals attraction may exceed weak electric double layer
repulsion, yielding an attractive secondary energy minimum
(Figure 2, right).

[9] Under conditions absent an energy barrier (e.g.,
oppositely charged colloid and collector surfaces), the
concentrations of mobile and retained colloids are observed
to decrease exponentially with distance from the source, as
expected from equation (3) above [Li et al., 2004; Tufenkji
and Elimelech, 2004b; X. Li et al., 2005]. As well, the
reentrainment of colloids from porous media is negligible in
the absence of an energy barrier, consistent with existing
filtration theory [Li et al., 2004; X. Li et al., 2005], and the
estimated value of h predicts well the magnitude of colloid
deposition during transport through porous media [e.g.,
Rajagopalan and Tien, 1976; Elimelech and O’Melia,
1990; Tong and Johnson, 2006].

1.4. Presence of Energy Barriers

[10] In the presence of even relatively small energy
barriers to deposition (e.g., >10 kT), the explicit numerical
models of colloid deposition based on the Happel sphere-in-
cell model predict that no colloid deposition will occur [e.g.,
Elimelech and O’Melia, 1990]. This is shown in Figure 3 by

Figure 2. Example DLVO interaction energy profiles at various ionic strengths for 1.1-mm carboxylate
modified latex microspheres, for separation distances (left) within 5 nm and (right) between 5 and 50 nm
from the collector surface. The zeta potentials of the colloid and the collector were �20 mVand �60 mV,
respectively. The DLVO calculations were performed as described by Tong et al. [2005b].

Figure 3. Example of simulated trajectories for colloids approaching an oppositely charged surface in
an impinging jet system. Colloids enter the system from the top left portion of the diagram. H is the
separation distance between the colloid and the flat surface, and r is the distance from the axis of the
impinging jet. The simulations were performed as described by Johnson and Tong [2006].
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a simulated trajectory of colloid approaching an oppositely
charged surface (using the model of Johnson and Tong
[2006]), where the energy barrier prevents the colloid from
approaching closer than 20 nm separation distance between
the two surfaces. Surfaces of environmental colloids (bio-
logical and nonbiological) and porous media tend to display
overall like charge (negative), yielding overall repulsive
electric double layer interactions between them. The overall
negative surface charge emanates from acidic functional
groups, which dominate the surfaces of biological colloids
and the surfaces of silicate mineral grains under most
environmentally relevant groundwater conditions (e.g., pH
6–9) [Davis, 1982; Tipping and Cooke, 1982]. Despite the
resulting formidable energy barriers to deposition, the
prevalence of colloid deposition in environmental systems
is well demonstrated; for example, by the general success of
filtration as a water treatment technology and by the
generally higher quality of groundwater relative to surface
water, in addition to hundreds (if not thousands) of pub-
lished experiments in the colloid transport literature.
[11] The failure of classic filtration theory when repulsion

exists has been traditionally addressed by assuming that
interception of the surface does not always yield attachment
in the presence of an energy barrier, and is accounted for by
multiplying h by another term (a) to represent the proba-
bility of attachment upon interception. The term a may
represent attachment at locations where the repulsive energy
barrier is reduced or eliminated. Some of the minor mineral
phases in porous media, such as iron oxides, may display
positive surface charge at environmental pH conditions.
One can characterize the bulk of subsurface media as being
negatively charged, but with varying extents of surface
charge heterogeneity arising from mineral phases such as
iron oxides [Song and Elimelech, 1993, 1994; Coston et al.,
1995; Johnson et al., 1996]. Iron oxyhydroxide coatings
have been shown to increase bacterial attachment in natural
[Scholl and Harvey, 1992] and model sediments [Johnson
and Logan, 1996], owing to electrostatic attraction between
negatively charged bacteria and the positively charged iron
oxyhydroxides (lack of an energy barrier between the
colloid and the surface). The same has been demonstrated
for bacteriophage [Powelson et al., 1991; Pieper et al.,
1997; Foppen et al., 2006]. This conclusion is also based on
the observation that bacterial attachment in iron oxyhydr-
oxide coated sand is sensitive to increases in pH that result
in charge reversal of the iron oxyhydroxide coatings [Scholl
and Harvey, 1992]. Even in the absence of discreet metal
oxide phases, nano-scale defects in mineral structures can
confer charge heterogeneity or otherwise influence the
extent of repulsion from otherwise negatively charged
surfaces. Hence colloid deposition onto overall like-charged
surfaces (relative to the colloid) can result from localized
nanoscale patches of attractive surface charge [Elimelech
and O’Melia, 1990; Song and Elimelech, 1993, 1994;
Johnson et al., 1996] and surface roughness [Bhattacharjee
et al., 1998; Shellenberger and Logan, 2002] which act to
locally reduce or eliminate the energy barrier to deposition.
Values of a have been successfully predicted under partic-
ular conditions for media with significant (and known)
percentages of attractive surface area [Song and Elimelech,
1993, 1994; Johnson et al., 1996]. Hydrophobicity is
another surface attribute that may locally influence the

extent of repulsion or attraction; however, this attribute is
only tentatively characterized relative to surface charge, and
so is not discussed here.
[12] Some researchers have attempted to correlate a

(expressed as the ratio of h observed in the presence of an
energy barrier relative to h observed or calculated in the
absence of an energy barrier) to other properties of porous
media (e.g., hydraulic conductivity) with some success
[Rehmann et al., 1999; Ren et al., 2000]; however, such
an approach cannot be transferred across different sites, or
likely even different locations at the same site. Others have
empirically correlated observed values of a to dimension-
less parameters representing the energy barrier [Elimelech,
1992; Bai and Tien, 1996, 1999; Vaidyanathan and Tien,
1989; Chang and Huang, 1998]. Unfortunately, these types
of correlations are not mechanistically based, and so can be
applied only to the limited set of experimental conditions to
which the empirical correlation was developed.

2. New Observations Calling for New Models of
Colloid Filtration

2.1. Failure of a and New Insights

[13] Recently, major flaws in the strategy utilizing a have
become apparent. First, the approach is predicated on the
assumption that h is correctly predicted in the presence of an
energy barrier, such that that a depends solely on colloid-
collector interaction forces. Accumulating results demon-
strate this assumption to be false, and that a decreases with
increasing fluid velocity [X. Li et al., 2005; Johnson et al.,
2007a]. Furthermore, the approach using a does not account
for important differences in the mechanisms of colloid
retention in porous media versus unbounded surfaces (lack-
ing crevices or grain-to-grain contacts). Experiments com-
paring colloid deposition on unbounded versus porous
media surfaces under conditions where the surfaces in the
two systems display equivalent surface characteristics, and
where the near-surface tangential fluid velocities in the two
systems are similar, yield insight into deposition mecha-
nisms in the presence of an energy barrier. The most
commonly used system for examining colloid deposition
onto unbounded surfaces is the impinging jet system, in
which the solution is directed normal to the flat surface,
where upon impinging the surface it spreads radially
[Adamczyk et al., 1995; Weiss et al., 1998; Yang et al.,
1998]. Colloid deposition efficiencies (ratio of colloid
deposition rate in presence versus absence of an energy
barrier) have been demonstrated to be much greater in
porous media relative to impinging jet systems (factors of
2 to 50) under equivalent conditions [Redman et al., 2004;
Walker et al., 2004; Brow et al., 2005; Tong and Johnson,
2006], suggesting that the vast majority of colloid retention
in porous media is not due to surface heterogeneity, which
presumably operates in both the impinging jet and the
porous media.
[14] A mechanism driving the observed excess colloid

retention in porous media relative to flat surfaces is indi-
cated by the fact that the majority of the colloids retained in
porous media in the presence of an energy barrier are
released in response to elution of the packed porous media
with low ionic strength solution [Franchi and O’Melia,
2003; Hahn and O’Melia, 2004; Hahn et al., 2004; Tong
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and Johnson, 2006]. In contrast, elution of the equivalently
loaded impinging jet system with low ionic strength solu-
tion (and increases in fluid velocity up to a factor of 200)
yields negligible colloid release [Johnson and Tong, 2006;
Tong and Johnson, 2006]. These observations indicate that
a significant fraction of the colloids retained in porous
media in the presence of an energy barrier are associated
with surfaces via secondary energy minima [Hahn and
O’Melia, 2004; Hahn et al., 2004]; whereas those retained
on unbounded surfaces are associated with surfaces via
primary energy minima. Release from the porous media
would not occur if the colloids were deposited in the
primary energy minimum, since the barrier to detachment
from the primary energy minimum is negligibly changed as
ionic strength is decreased (see the interaction energy
profiles, Figure 2) [Hahn and O’Melia, 2004; Hahn et al.,
2004]. Hence the colloids reentrained from porous media in
response to decreased ionic strength appear to have been
associated with surfaces via the secondary energy mini-
mum, since the secondary energy minimum is reduced or
eliminated via decreased ionic strength (Figure 2). Colloids
associated with secondary energy minima would be
expected to translate across the grain surface owing to
tangential hydrodynamic drag, unless they are retained in
zones where fluid drag forces are insufficient to overcome
other forces resisting their down-gradient translation (e.g.,
rear stagnation points or leeward sides of protrusions)
[Johnson and Tong, 2006; Tong and Johnson, 2006]. A
portion of the greater deposition efficiency in porous media
relative to impinging jets (excess retention) is therefore
thought to result from retention of secondary minimum-
associated colloids in loose association with the grain
surfaces [Redman et al., 2004; Walker et al., 2004; Brow
et al., 2005; Tong and Johnson, 2006], whereas impinging

jets (flat surfaces) lack zones to ‘‘protect’’ colloids from
fluid drag and translation out of the system.
[15] Observations demonstrate that colloid retention via

secondary energy minima depends on the geometry (or
bounding) of the surface; whereas CFT is based on an
unbounded spherical surface. This limitation of CFT is most
apparent in the retention of colloids via straining, which has
recently been inferred from column experiments to be an
important colloid retention mechanism in porous media
even for colloid:collector ratios as low as 0.005 [Bradford
et al., 2002, 2003, 2004, 2006; Tufenkji et al., 2004; Yoon et
al., 2006; Xu et al., 2006]. In the absence of an energy
barrier to deposition, straining (in the form of wedging in
grain-to-grain contacts) is not a dominant colloid retention
mechanism, since in the absence of an energy barrier,
colloids attach wherever they intercept the surface. This
was demonstrated experimentally by Li et al. [2006a,
2006b] for colloid:collector ratios near 0.05, where the
profiles of retained near-neutrally buoyant gold-and-
surfactant-coated 18-mm radius hollow glass microspheres
(Figure 4) were (in the absence of an energy barrier) evenly
distributed across the 390-mm radius collector grain surfaces
(were not associated with grain-to-grain contacts or other
porous media features), and their concentrations decreased
log linearly with distance from the source, in accordance
with expectations from CFT (Figure 5, left). In contrast, in
the presence of an energy barrier, the deposited colloids were
dominantly located in grain-to-grain contacts, and their
concentrations did not decrease with distance from the
source according to filtration theory (Figure 5, right), but
rather varied nonmonotonically. These contrasting profiles
in the presence versus the absence of an energy barrier reflect
those for much smaller colloid:collector ratios ranging from
0.0004 to 0.008 [Tong et al., 2005; Li and Johnson, 2005;
Tong and Johnson, 2006; Bradford et al., 2007]. These ratios
correspond to a large range of colloid sizes (0.1 to 10 mm) in
medium grained (250 � 500 mm) sand, and so are of broad
relevance.

2.2. Mechanistic Confirmation of Wedging and
Retention in Secondary Energy Minima

[16] The experimental findings reviewed above demon-
strate that particular retention mechanisms become impor-
tant in the presence (but not the absence) of an energy
barrier, i.e., wedging/straining and retention in secondary
energy minima; hence the relationship between h and the
mass transfer mechanisms (interception, sedimentation, dif-
fusion) can be expected to differ in the presence versus the
absence of an energy barrier. Hence a (as a modification to
the Happel-based collector efficiency in the presence of an
energy barrier) is not a robust construct for prediction of
colloid deposition. The problem of prediction of colloid
deposition in the presence of an energy barrier therefore lies
in the correct estimation of the probability of colloid-
collector encounter (h). This determination suggests the
need to revisit the original mechanistic model underlying
CFT, and to explore changes to the unit cell (traditionally
the Happel sphere in cell), to incorporate grain-to-grain
contacts and influences of secondary energy minima, in
order to achieve accurate prediction of the collector effi-
ciency in the presence of an energy barrier. Unit collectors
that have been examined other than the Happel sphere
include two-dimensional [Payatakes et al., 1974a, 1974b]

Figure 4. Representative cross-sectional XMT image of
quartz sand (gray areas) and gold-coated hollow micro-
spheres (white spots). Black areas represent pore water. The
microsphere in the white square demonstrates single contact
retention. Microspheres in the white circles are retained at
grain-grain contacts. After Li et al. [2006b].
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and three-dimensional [Paraskeva et al., 1991; Burganos et
al., 1992, 1994] constricted tube models; however, the
smooth parabolic constriction involved in these models
does not represent grain-to-grain contacts, which are dem-
onstrated below to be a critical feature in colloid deposition
in the presence of an energy barrier.
[17] Cushing and Lawler [1998] were, to the knowledge

of the authors, the first to explore unit cells of idealized
packed porous media composed of spherical grains for
prediction of collector efficiencies for aqueous colloids.
Their model demonstrated that use of a packed porous
media unit cell resulted in colloid deposition in the presence
of an energy barrier. However, for unexplained reasons,
their collector efficiency was completely insensitive to the
presence or absence of the energy barrier, in direct contra-
diction to experimental results and theoretical expectations.
Johnson et al. [2007b] continued the exploration of unit
cells of representative packed porous media comprising
spherical grains, using simple (q = 0.47) and dense (q =
0.26) packing structures (Figure 6). This Lagrangian ap-
proach integrated velocities from accelerations determined
from the same set of forces and torques considered in CFT,
but with diffusion added into the force balance. The
approach incorporated approximate closed form fluid flow
fields for the dense-packed [Snyder and Stewart, 1966] and
simple-packed [Sorensen and Stewart, 1974] unit cells. A
variable time step was used, and was conditioned to changes
in interaction force and fluid velocity. The mechanistic
simulations of Johnson et al. [2007b] found that two
mechanisms of colloid deposition arose in packed porous
media in the presence of an energy barrier: (1) wedging, and
(2) retention in secondary energy minima.
[18] Deposition via wedging and retention in secondary

energy minima are best illustrated by contrast to deposition
in the absence of an energy barrier. In the absence of an
energy barrier to deposition, the distribution of colloids that
do attach is random across the upstream zones of the collector
surfaces, as shown by superposition of the simulated loca-
tions of attachment onto the unit collectors (Figure 7). The

relatively uniform distribution of attached colloids in the
absence of an energy barrier to deposition is observed for
both unit collectors, and conforms to the distribution of
deposition observed in the Happel sphere-in-cell model. As
is the case in the Happel model, the fraction of colloids that
attach is dependent on colloid size, fluid velocity, and other
characteristics that govern the forces acting on the colloids
[Johnson et al., 2007b]. In contrast to the absence of an
energy barrier, colloid deposition in the presence of an
energy barrier yields a distribution of retained colloids that
is highly dependent on the pore domain geometry. All
colloid trajectories that resulted in retention showed initial
association with the collector surface via the secondary
energy minimum [Johnson et al., 2007b]. Upon secondary
minimum-association with the surface, the colloids trans-
lated along the collector surface in response to fluid drag
forces (as in Figure 3). Those colloids that were retained had
trajectories that demonstrated either one of two develop-
ments: (1) the colloid became bounded by two repulsive
force barriers (two surfaces), one of which was overcome
owing to fluid drag forces that pushed the colloid into these

Figure 5. Profiles of total deposition and deposition at grain-to-grain contacts in quartz sand at a pore
water velocity of 0.25 cm s�1, in the (left) absence and (right) presence of an energy barrier to deposition.
In the absence of an energy barrier to deposition, deposition at grain-to-grain contacts accounted for
27.6% of total deposition, whereas in the presence of an energy barrier to deposition, deposition at grain-
to-grain contacts accounted for 84.6% of total deposition. After Li et al. [2006a, 2006b].

Figure 6. Packing arrangement for (left) dense cubic
packing and (right) loose (simple) cubic packing. After
Johnson et al. [2007b].
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bounding barriers, and into direct contact with the collector
surface; or (2) the colloid intercepted a zone where fluid
drag was insufficient to translate the colloid, where it was
retained without attachment but in ‘‘loose’’ secondary
minimum-association with the collector surface.
[19] By superimposing the coordinates of colloids that

were retained by the first mechanism (attachment via
confinement between two bounding surfaces) it was ob-
served that these colloids were retained at grain-to-grain
contacts (Figure 8, left), and so represented colloids that

were wedged in grain-to-grain contacts. Note that attached
colloids located on the outside of the unit collector were
wedged between the center spheres of the unit collector
shown, and the adjacent unit collector. The simulations
demonstrate that wedging (and straining) constitutes attach-
ment that occurs despite the presence of an energy barrier.
Fluid drag pushes the colloid toward increased confinement
between two (wedging) or more (straining) bounding energy
barriers (repulsive surfaces), thereby forcing the colloid to
overcome one of the bounding energy barriers and to make

Figure 7. Distribution of attached colloids in the absence of an energy barrier to deposition in (right) the
dense-packed unit collector and (left) the simple-packed (loose–packed) unit collector. The distribution
was developed by superimposing locations of attachment determined in the simulations onto the unit
collectors. Arrows denote directions of flow in z dimension. Colloid and collectors are not proportionally
scaled. After Johnson et al. [2007b].

Figure 8. Distribution of (left) wedged colloids and (right) colloids retained in flow stagnation zones in
the presence of an energy barrier to deposition in the dense cubic unit collector. The distribution was
developed by superimposing onto the unit collectors the locations of wedged colloids determined in the
simulations. Note that wedged colloids located on the outside of the unit collector (left) were wedged
between the center spheres of the unit collector shown, and the adjacent unit collector. Arrow denotes
direction of flow in z dimension. Colloid and collectors are not proportionally scaled. After Johnson et al.
[2007b].

W12S13 JOHNSON ET AL.: OPPORTUNITIES TO PREDICT h

7 of 10

W12S13



contact with the corresponding surface. The term wedging
was originally used by Herzig et al. [1970]. Another group
refers to the process by the useful term ‘‘contact filtration’’
[Yoon et al., 2006]. We use the term wedging to distinguish
the process from straining; which is traditionally defined as
retention in pore throats to small to pass [e.g., McDowell-
Boyer et al., 1986; Bradford et al., 2004; Tufenkji et al.,
2004, 2006]. As a result of straining, the vast majority of
colloids are retained near the entry surface of the porous
media [Bradford et al., 2002, 2003, 2004; Auset and Keller,
2006]. Straining in pore throats too small to pass would be
expected to occur regardless of the presence versus the
absence of an energy barrier between the colloid and the
grain surface, and so would be expected to yield similar
profiles of retained colloids in the presence and absence of
an energy barrier, except possibly under conditions where
colloid-colloid interaction forces (and hence, aggregation)
differ under the two conditions. In contrast, wedging can
occur for colloids much smaller than the pore throat, and so
it is not an inevitable process, but is promoted by the
translation of colloids along the energy barrier at the grain
surfaces. The distinction between attachment and straining
made in several recent papers is misleading, since straining
(and wedging) constitute attachment in the presence of an
energy barrier.
[20] By superimposing coordinates of colloids that were

retained without attachment onto the unit collector, it was
found that all such colloids were retained at zones of low
fluid drag (Figure 8, right). A distinction between attach-
ment and retention in flow stagnation zones is useful, since
attachment can be considered for the most part irreversible
in the absence of charge reversal [e.g., Johnson and Tong,
2006], whereas retention in flow stagnation zones is easily
reversed, for example, by decreased ionic strength (reduc-
tion of secondary energy minimum depth), or by colloid
diffusion out of secondary energy minima.
[21] The simulations indicated that wedging was predom-

inant for colloid:collector ratios greater than about 0.005
(colloid sizes greater than 1 mm, where the collector radius
was 255 mm), with this threshold ratio increasing with
decreasing fluid velocity [Johnson et al., 2007b]. Retention
in fluid drag zones was demonstrated to be prevalent for
colloid:collector ratios less than about 0.005, with this
threshold decreasing with increasing fluid velocity [Johnson
et al., 2007b]. Both wedging and retention in flow stagna-
tion zones were sensitive to colloid-surface interaction
forces (energy barrier height and secondary energy mini-
mum depth) [Johnson et al., 2007b].
[22] In the simulations performed in the presence of an

energy barrier, increased secondary energy minimum depth
increased colloid translation along the collector surfaces and
led to increased wedging and retention in flow stagnation
zones. This result provides an explanation for the observed
(in experiments) sensitivity of colloid deposition to colloid-
interaction forces despite the presence of a formidable
energy barrier. The colloids that are retained do not pass
over the energy barrier, but rather translate along the
surfaces in secondary-minimum association with the surface
until they become wedged or retained in zones of relatively
low fluid drag.

2.3. Implications

[23] The above simulations demonstrate that incorpora-
tion of grain-to-grain contacts in representative spherical
porous media yields colloid deposition by mechanisms
previously inferred from experiments (discussed above),
but which are not accounted for in CFT. The simulated
trends in h as a function of solution chemistry were similar
to those observed in experiments [Johnson et al., 2007b]
indicating that incorporation of the correct mechanisms of
retention in the presence of an energy barrier may yield
good predictions of h in actual granular porous media.
Although increased realism in the pore domain will lead
to improved representation of processes [e.g., Xu et al.,
2006], the above simulations demonstrate that the pursuit of
realistic pore domains must be balanced with examination
of representative pore domains in order to understand the
actual value of increased realism. If a representative pore
domain is found to provide good predictions for simple
granular media, then this model will be useful for its
transferability and parsimony. Furthermore, the value of
increasingly realistic pore domains can be assessed relative
to the representative pore domain.
[24] The retention of secondary minimum-associated col-

loids in zones of flow stagnation in porous media offers a
dynamic mechanism of colloid retention in the presence of
an energy barrier that explains the observed release of
colloids in response to perturbation with low ionic strength
solution, and reentrainment of colloids even in the absence
of ionic strength or velocity perturbations (e.g., via diffusion
out of secondary energy minima) [e.g., Cortis et al., 2006;
Johnson et al., 2007a]. These two mechanisms of deposition
(wedging and retention in secondary energy minima) pro-
vide a new framework to evaluate the observed distributions
of colloids as a function of distance from their sources,
which deviate from the log linear expectations of classic
filtration theory [Albinger et al., 1994; Baygents et al.,
1998; Simoni et al., 1998; Schijven et al., 1999; Bolster et
al., 2000; Redman et al., 2001; Li et al., 2004; Tufenkji and
Elimelech, 2004b; Li and Johnson, 2005; Tong et al., 2005;
Johnson et al., 2005].
[25] The recent progress made in identifying the mecha-

nisms responsible for colloid retention in porous media in the
presence of an energy barrier leads to the possibility that
correlation equations will soon be available for easy predic-
tion of h in saturated porous media in the presence of an
energy barrier. The variability of the profiles of retained
colloids in the presence of an energy barrier promises to
complicate prediction of transport distances; however, iden-
tification of mechanisms of retention, and development of
correlation equations for h in the presence of an energy barrier,
constitute important steps toward meeting this challenge.

[26] Acknowledgments. This manuscript is based upon work sup-
ported by the National Science Foundation Hydrologic Sciences Program
(EAR 0337258). Any opinions, findings, and conclusions or recommenda-
tions expressed in this material are those of the author(s) and do not
necessarily reflect the views of the National Science Foundation.

References
Abulreesh, H. H., T. A. Paget, and R. Goulder (2006), Campylobacter in
waterfowl and aquatic environments: Incidence and methods of detec-
tion, Environ. Sci. Technol., 40, 7122–7130.

8 of 10

W12S13 JOHNSON ET AL.: OPPORTUNITIES TO PREDICT h W12S13



Adamczyk, Z., B. Siwek, and L. Szyk (1995), Flow induced blocking effects
in adsorption of colloid particles, J. Colloid Interface Sci., 174, 130–141.

Albinger, O., B. K. Biesemeyer, R. G. Arnold, and B. E. Logan (1994),
Effect of bacterial heterogeneity on adhesion to uniform collectors by
monoclonal populations, FEMS Microbiol. Lett., 124, 321–326.

Auset, M., and A. A. Keller (2006), Pore-scale visualization of colloid
straining and filtration in saturated porous media using micromodels,
Water Resour. Res., 42, W12S02, doi:10.1029/2005WR004639.

Bai, R., and C. Tien (1996), A new correlation for the initial filter coeffi-
cient under unfavorable surface interactions, J. Colloid Interface Sci.,
179, 631–634.

Bai, R., and C. Tien (1999), Particle deposition under unfavorable surface
interactions, J. Colloid Interface Sci., 218, 488–499.

Baygents, J. C., Jr., J. R. Glynn, O. Albinger, B. K. Biesemeyer, K. L.
Ogden, and R. G. Arnold (1998), Variation of surface charge density in
monoclonal bacterial populations: Implications for transport through por-
ous media, Environ. Sci. Technol., 32, 1596–1603.

Bhattacharjee, S., C. H. Ko, and M. Elimelech (1998), DLVO interaction
between rough surfaces, Langmuir, 14, 3365–3375.

Bolster, C. H., A. L. Mills, G. Hornberger, and J. Herman (2000), Effect of
intra-population variability on the long-distance transport of bacteria,
Ground Water, 38, 370–375.

Bradford, S. A., S. R. Yates, M. Bettahar, and J. Simunek (2002), Physical
factors affecting the transport and fate of colloids in saturated porous
media, Water Resour. Res., 38(12), 1327, doi:10.1029/2002WR001340.

Bradford, S. A., J. Simunek, M. Bettahar, M. T. vanGenuchten, and S. R.
Yates (2003), Modeling colloid attachment, straining, and exclusion in
saturated porous media, Environ. Sci. Technol., 37, 2242–2250.

Bradford, S. A., M. Bettahar, J. Simunek, and M. T. van Genuchten (2004),
Straining and attachment of colloids in physically heterogeneous porous
media, Vadose Zone J., 3, 384–394.

Bradford, S. A., J. Simunek, M. Bettahar, M. T. van Genuchten, and S. R.
Yates (2006), Significance of straining in colloid deposition: Evidence
and implications, Water Resour. Res., 42, W12S15, doi:10.1029/
2005WR004791.

Bradford, S. A., J. Simunek, and S. L. Walker (2007), Transport and strain-
ing of E. coli O157:H7 in saturated porous media, Water Resour. Res.,
42, W12S12, doi:10.1029/2005WR004805.

Brow, C., X. Li, J. Ricka, and W. P. Johnson (2005), Comparison of micro-
sphere deposition in porous media versus simple shear systems, Colloids
Surf. A, 253(1–3), 125–136.

Burganos, V. N., C. A. Paraskeva, and A. C. Payatakes (1992), Three-
dimensional trajectory analysis and network simulation of deep bed fil-
tration, J. Colloid Interface Sci., 148, 167–181.

Burganos, V. N., C. A. Paraskeva, P. D. Christofides, and A. C. Payatakes
(1994), Motion and deposition of non-Brownian particles in upflow col-
lectors, Sep. Technol. Proc. Eng. Found. Conf., 4, 47–54.

Chang, Y., and J. Huang (1998), Deposition of Brownian particles in the
presence of energy barriers of DLVO theory: Effect of dimensionless
groups, Chem. Eng. Sci., 53, 3923–3939.

Cortis, A., T. Harter, L. Hou, E. R. Atwill, A. I. Packman, and P. G. Green
(2006), Transport of Cryptosporidium parvum in porous media: Long-
term elution experiments and continuous time randomwalk filtration mod-
eling, Water Resour. Res., 42, W12S13, doi:10.1029/2006WR004897.

Coston, J. A., C. C. Fuller, and J. A. Davis (1995), Pb2+and Zn2+adsorption
by a natural aluminum-and iron-bearing surface coating on an aquifer
sand, Geochim. Cosmochim. Acta, 59, 3535–3547.

Cushing, R. S., and D. F. Lawler (1998), Depth filtration: Fundamental
investigation through three-dimensional trajectory analysis, Environ.
Sci. Technol., 32, 3793–3801.

Davis, J. A. (1982), Adsorption of dissolved natural organic matter at the
oxide/water interface, Geochim. Cosmochim. Acta, 46, 2381–2393.

Derjaguin, B. V., and L. Landau (1941), Theory of the stability of strongly
charged lyophobic sols and of the adhesion of strongly charged particles
in solutions of electrolytes, Acta Physicochim. URSS, 14, 633–662.

Dhawan, A., J. S. Taurozzi, A. K. Pandey, W. Shan, S. M. Miller, S. A.
Hashsham, and V. V. Tarabara (2006), Stable colloidal dispersions of C60
Fullerenes in water: Evidence for genotoxicity, Environ. Sci. Technol.,
40, 7394–7401.

Elimelech, M. (1992), Predicting collision efficiencies of colloidal particles
in porous media, Water Res., 1, 1–8.

Elimelech, M., and C. R. O’Melia (1990), Kinetics of deposition of colloi-
dal particles in porous media, Environ. Sci. Technol., 24, 1528–1536.

Foppen, J. W. A., S. Okletey, and J. F. Schijven (2006), Effect of goethite
coating and humic acid on the transport of bacteriophage PRF1 in col-
umns of saturated sand, J. Contam. Hydrol., 85, 287–301.

Franchi, A., and C. R. O’Melia (2003), Effects of natural organic matter and
solution chemistry on the deposition and reentrainment of colloids in
porous media, Environ. Sci. Technol., 37, 1122–1129.

Hahn, M. W., and C. R. O’Melia (2004), Deposition and reentrainment of
Brownian particles in porous media under unfavorable chemical condi-
tions: Some concepts and applications, Environ. Sci. Technol., 38, 210–
220.

Hahn, M. W., D. Abadzic, and C. R. O’Melia (2004), Aquasols: On the role
of secondary minima, Environ. Sci. Technol., 38, 5915–5924.

Happel, J. (1958), Viscous flow in multiparticle systems: Slow motion of
fluids relative to beds of spherical particles, AIChE J., 4, 197–201.

Herzig, J. P., D. M. Leclerc, and P. LeGoff (1970), Flow of suspensions
through porous media: Application to deep filtration, Ind. Eng. Chem.,
62, 8–35.

Jiang, S. C. (2006), Human adenoviruses in water: Occurrence and health
implications: A critical review, Environ. Sci. Technol., 40, 7132–7140.

Johnson, P. R., N. Sun, and M. Elimelech (1996), Colloid transport in
geochemically heterogeneous porous media: Modeling and measure-
ments, Environ. Sci. Technol., 30, 3284–3293.

Johnson, W. P., and B. Logan (1996), Enhanced transport of bacteria in
porous media by sediment-phase and aqueous-phase natural organic mat-
ter, Water Res., 30, 923–931.

Johnson, W. P., and M. Tong (2006), Observed and simulated fluid drag
effects on colloid deposition in the presence of an energy barrier in an
impinging jet system, Environ. Sci. Technol., 40, 5015–5021.

Johnson, W. P., X. Li, and M. Tong (2005), Colloid deposition in environ-
mental porous media: Deviation from existing theory is the norm, not the
exception, Eos Trans. AGU, 86(18), 179–180.

Johnson, W. P., X. Li, and S. Assemi (2007a), Deposition and re-entrainment
dynamics of microbes and non-biological colloids during non-perturbed
transport in porousmedia in the presence of an energy barrier to deposition,
Adv. Water Resour. Res., 30(6–7), 1432–1454, doi:10.1016/j.advwatres.
2006.05.020.

Johnson, W. P., X. Li, and G. Yal (2007b), Colloid retention in porous
media: Mechanistic confirmation of wedging and retention in zones of
flow stagnation, Environ. Sci. Technol., 41, 1279–1287, doi:10.1021/
es061301x.

Kersting, A. B., D. W. Efurd, D. L. Finnegan, D. J. Rokop, D. K. Smith,
and J. L. Thompson (1999), Migration of plutonium in groundwater at
the Nevada Test Site, Nature, 397, 56–59.

Li, X., and W. P. Johnson (2005), Nonmonotonic variations in deposition
rate coefficients of microspheres in porous media under unfavorable
deposition conditions, Environ. Sci. Technol., 39, 1658–1665.

Li, X., T. D. Scheibe, and W. P. Johnson (2004), Apparent decreases in
colloid deposition rate coefficient with distance of transport under un-
favorable deposition conditions: A general phenomenon, Environ. Sci.
Technol., 38, 5616–5625.

Li, X., P. Zhang, C. L. Lin, and W. P. Johnson (2005), Role of hydrody-
namic drag on microsphere deposition and re-entrainment in porous
media under unfavorable conditions, Environ. Sci. Technol., 39, 4012–
4020.

Li, X., C. L. Lin, J. Miller, and W. P. Johnson (2006a), Pore-scale observa-
tion of microsphere deposition at grain-grain contacts over assemblage-
scale porous media domains using X-ray microtomography, Environ. Sci.
Technol., 40, 3762–3768.

Li, X., C. L. Lin, J. Miller, and W. P. Johnson (2006b), Role of grain to
grain contacts on profiles of retained colloids in porous media in the
presence of an energy barrier to deposition, Environ. Sci. Technol., 40,
3769–3774.

Li, Y., E. J. LeBoeuf, P. K. Basu, and S. Mahadevan (2005), Stochastic
modeling of the permeability of randomly generated porous media, Adv.
Water Resour. Res., 28, 835–844.

Logan, B. E., D. J. Jewett, R. G. Arnold, E. J. Bouwer, and C. R. O’Melia
(1995), Clarification of clean-bed filtration models, J. Environ. Eng.,
121, 869–873.

Lyon, D. Y., L. K. Adams, J. C. Falkner, and P. J. J. Alvarez (2006),
Antibacterial activity of fullerene water suspensions: Effect of prepara-
tion method and particle size, Environ. Sci. Technol., 40, 4360–4366.

McDowellBoyer, L. M., J. R. Hunt, and N. Sitar (1986), Particle transport
through porous media, Water Resour. Res., 22, 1901–1921.

Muniesa, M., J. Jofre, C. GarciaAljaro, and A. R. Blanch (2006), Occur-
rence of Escherichia coli 0157:H7 and other enterohemorrhagic Escher-
ichia coli in the environment, Environ. Sci. Technol., 40, 7141–7149.

Nelson, K. E., and T. R. Ginn (2005), Colloid filtration theory and the
Happel sphere-in-cell model revisited with direct numerical simulation
of colloids, Langmuir, 21, 2173–2184.

W12S13 JOHNSON ET AL.: OPPORTUNITIES TO PREDICT h

9 of 10

W12S13



Novikov, A. P., S. N. Kalmykov, S. Utsunomiya, R. C. Ewing, F. Horreard,
A. Merkulov, S. B. Clark, V. V. Tkachev, and B. F. Myasoedov (2006),
Colloid transport of plutonium in the far-field of the Mayak Production
Association, Russia, Science, 314, 638–641.

Paraskeva, C. A., V. N. Burganos, and A. C. Payatakes (1991), Three-
dimensional trajectory analysis of particle deposition in constricted tubes,
Chem. Eng. Sci., 108, 23–48.

Payatakes, A. C., R. Rajagopalan, and C. Tien (1974a), On the use of
Happel’s Model for filtration studies, J. Colloid Interface Sci., 49,
321–325.

Payatakes, A. C., C. Tien, and R. M. Turian (1974b), Trajectory calculation
of particle deposition in deep bed filtration, AIChE J., 20, 889–899.

Pieper, A. P., J. N. Ryan, R. W. Harvey, G. L. Amy, T. H. Illangasekare, and
D. W. Metge (1997), Transport and recovery of bacteriophage PRD1 in a
sand and gravel aquifer: Effect of sewage-derived organic matter, Envir-
on. Sci. Technol., 31, 1163–1170.

Powelson, D. K., J. R. Simpson, and C. P. Gerba (1991), Effects of organic
matter on virus transport in unsaturated flow, Appl. Environ. Microbiol.,
57, 2192–2196.

Rajagopalan, R., and C. Tien (1976), Trajectory analysis of deep-bed filtra-
tion with the sphere-in-cell porous media model, AIChE J., 22, 523–533.

Rajagopalan, R., C. Tien, R. Pfeffer, and G. Tardos (1982), Letter to the
editor, AIChE J., 28, 871–872.

Redman, J. A., M. K. Estes, and S. B. Grant (2001), Resolving macroscale
and microscale heterogeneity in pathogen filtration, Colloids Surf. A,
191(1–2), 57–70.

Redman, J. A., S. L. Walker, and M. Elimelech (2004), Bacterial adhesion
and transport in porous media: Role of the secondary energy minimum,
Environ. Sci. Technol., 38, 1777–1785.

Rehmann, L. L. C., C. Welty, and R. W. Harvey (1999), Stochastic analysis
of virus transport in aquifers, Water Resour. Res., 35(7), 1987–2006.

Ren, J., A. I. Packman, and C. Welty (2000), Correlation of colloid collision
efficiency with hydraulic conductivity of silica sands,Water Resour. Res.,
36(9), 2493–2500.

Rockhold, M. L., R. R. Yarwood, and J. S. Selker (2004), Coupled micro-
bial and transport processes in soils, Vadose Zone J., 3, 368–383.

Schijven, J. F., W. Hoogenboezem, S. M. Hassanizadeh, and J. H. Peters
(1999), Modeling removal of bacteriophages MS2 and PRD1 by dune
filtration at Castricum, the Netherlands, Water Resour. Res., 35(4),
1101–1111.

Scholl, M. A., and R. W. Harvey (1992), Laboratory investigations on the
role of sediment surface and groundwater chemistry on the transport of
bacteria through a contaminated sandy aquifer, Environ. Sci. Technol.,
26, 1410–1417.

Shellenberger, K., and B. E. Logan (2002), Effect of molecular scale rough-
ness of glass beads on colloidal and bacterial deposition, Environ. Sci.
Technol., 36, 184–189.

Simoni, S. F., H. Harms, T. N. P. Bosma, and A. J. B. Zehnder (1998),
Population heterogeneity affects transport of bacteria through sand col-
umns at low flow rates, Environ. Sci. Technol., 32, 2100–2105.

Snyder, L. J., and W. E. Stewart (1966), Velocity and pressure profiles for
Newtonian creeping flow in regular packed beds of shapes, AIChE J., 12,
161–173.

Song, L., and M. Elimelech (1993), Dynamics of colloid deposition in
porous media: Modeling the role of retained particles, Colloids Surf. A,
73, 49–63.

Song, L., and M. Elimelich (1994), Transient deposition of colloidal parti-
cles in heterogenous porous media, J. Colloid Interface Sci., 167, 301–
313.

Sorensen, J. P., and W. E. Stewart (1974), Computation of forced convec-
tion in slow flow through ducts and packed beds-1 extensions of the
Graetz problem, Chem. Eng. Sci., 29, 811–817.

Templeton, R. C., P. L. Ferguson, K. M. Washburn, W. A. Scrivens, and
G. T. Chandler (2006), Life-cycle effects of single-walled carbon nano-
tibes (SWNTs) on an estuarine meiobenthic copepod, Environ. Sci. Tech-
nol., 40, 7387–7393.

Tipping, E., and D. Cooke (1982), The effects of adsorbed humic sub-
stances on the surface charge of goethite in freshwaters, Geochim. Cos-
mochim. Acta, 46, 75–80.

Tong, M., and W. P. Johnson (2006), Excess colloid retention in porous
media as a function of colloid size, fluid velocity, and grain angularity,
Environ. Sci. Technol., 40, 7725–7731.

Tong, M., X. Li, C. Brow, and W. P. Johnson (2005), Detachment-influ-
enced transport of an adhesion-deficient bacterial strain within water-
reactive porous media, Environ. Sci. Technol., 39, 2500–2508.

Tufenkji, N., and M. Elimelech (2004a), Correlation equation for predicting
single-collector efficiency in physicochemical filtration in saturated por-
ous media, Environ. Sci. Technol., 38, 529–536.

Tufenkji, N., and M. Elimelech (2004b), Deviation from classical colloid
filtration theory in the presence of repulsive DLVO interactions, Lang-
muir, 20, 10,818–10,828.

Tufenkji, N., J. N. Ryan, and M. Elimelech (2002), The promise of bank
filtration, Environ. Sci. Technol., 36, 422A–428A.

Tufenkji, N., G. F. Miller, J. Ryan, R. W. Harvey, and M. Elimelech (2004),
Transport of cryptosporidium oocysts in porous media: Role of straining
and physicochemical filtration, Environ. Sci. Technol., 38, 5932–5938.

Tufenkji, N., D. R. Dixon, R. Considine, and C. J. Drummond (2006),
Multi-scale cryptosporidium/sand interactions in water treatment, Water
Res., 40, 3315–3331.

Vaidyanathan, R., and C. Tien (1989), Hydrosol deposition in granular
beds—An experimental study, Chem. Eng. Commun., 81, 123–144.

Verwey, E. J. W., and J. T. G. Overbeek (1948), Theory of the Stability of
Lyophobic Colloids, Elsevier, Amsterdam.

Walker, S. L. (2004), Role of cell surface Lipopolysaccharides (LPS) in
Escherichia coli K12 adhesion and transport, Langmuir, 20, 7736–7746.
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